Abstract. In this article, we prove that a compact Kähler manifold M n with real analytic metric and with nonpositive sectional curvature must have its Kodaira dimension, its Ricci rank and the codimension of its Euclidean de Rham factor all equal to each other. In particular, M n is of general type if and only if it is without flat de Rham factor. By using a result of Lu and Yau, we also prove that for a compact Kähler surface M 2 with nonpositive sectional curvature, if M 2 is of general type, then it is Kobayashi hyperbolic.
Introduction
Nonpositively curved Riemannian manifolds have been one of the focal points in differential geometry since the 1980's. [B-G-S] , [E-H-S] , [B] , [Bu-S] For convenience, let us denote by F n the set of all compact Kähler manifolds of complex dimension n with nonpositive sectional curvature.
On one hand, F n is a much more restrictive class than its parent set of all nonpositively curved compact Riemannian manifolds. Such manifolds tend to be very rigid. For instance, Siu [Si] proved the strong rigidity (of the Kählerian complex structure) under a slightly stronger curvature assumption. Because of this restrictiveness, there is a better chance to obtain more precise characterization and stronger structural statements in the Kähler case than in the Riemannian case.
On the other hand, it is a general belief that the set F n is quite large, and con-
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tains rich examples.
[Z1] and [Z2] provided some evidence on this point, especially in complex dimension 2. So we are not dealing with small or nearly empty set of specimen here.
In the theory of nonpositively curved Riemannian manifolds, one of the main issues is to examine the fine distinction between the behavior of negatively curved and nonpositively curved manifolds. In the Kähler case, we propose the following conjectures which are simply based upon intuition: 
If M is of general type and is irreducible (i.e., no finite cover of M is biholomorphic to a product), and is not a locally Hermitian symmetric space of rank ≥ 2, then it satisfies the visibility axiom (i.e., the universal cover M does not contain any 2-flat).
Let us first have a brief discussion about these three conjectures. The first one will be implied by the following (slightly stronger) statement. If M is a simplyconnected, complete Kähler manifold with nonpositive sectional curvature and with trivial Euclidean de Rham factor, then the Ricci curvature must be negative definite at some point. This is in fact true if the metric is real analytic, as we shall see later. However, its Riemannian analogue is not true. We shall see such examples in Section 4.
For the second part, one can raise a slightly stronger conjecture by asserting that M is Kähler hyperbolic (in the sense of Gromov [G] ). Note that Kähler hyperbolicity implies Kobayashi hyperbolicity, but is stronger than the latter (for example, Kähler hyperbolicity implies that π 1 (M ) is of exponential growth. On the other hand, there are examples of compact complex manifold with π 1 = 0 that are Kobayashi hyperbolic, e.g., a generic surface with large degree in CP 3 ). By Brody's theorem, a compact complex manifold M will be Kobayashi hyperbolic if any holomorphic map f : C → M is constant. When M is nonpositively curved and of general type, it does not contain any rational or elliptic curve. So Conjecture 2 is essentially about 'closing up' the holomorphic 2-flats in M . In the Riemannian case, such questions were studied extensively by Schroeder et al.
([A-S], [B-S], [H-S] and [S]-[S3]).
For the third conjecture, first of all, a general type manifold M n in F n always has c 1 < 0, as we shall see later. Hence M admits a Kähler-Einstein metric by [Y] . According to Frankel [Fr] , there exists a finite cover M of M such that
where M 0 is a locally Hermitian symmetric space, while for each 1 ≤ i ≤ k, M i is a irreducible (i.e., any finite cover of it is not biholomorphic to the product of
